
ERRATA TO “FUNCTION CLASSES”

MIROSLAV PAVLOVIĆ

Abstract. We discuss some inaccuracies that arose mainly because of the author’s disregard.

Although I read the book several times, errors of various kinds (mathematical, linguistic, stylistic,

etc.) will doubtless persist. When you find them, I will appreciate it if you call them to my attention.

1. Definition of admissible spaces

In the book, admissible spaces are defined by the sentence: “A quasinormed space X ⊂ h(D) will

be called admissible (or h-admissible) if it is complete, h(D) ⊂ X, and the inclusion X ⊂ h(D) is
continuous”. This sentence should be continued with: “and additionally, in contrast to the paper [70],
sup

0<r<1
‖fr‖X ≤ CX‖f‖X , for f ∈ X.”

Here h(D), resp. h(D), is the class of all complex-valued functions harmonic in D, resp. in a

neighborhood of the closed disc D. Thus the three conditions occur:

(I) X ⊂ h(D) continuously; (II) h(D) ⊂ X; (III) sup
0<r<1

‖fr‖X ≤ CX‖f‖X .

Condition (III) seems to be indispensable in proving the implication

if the harmonic polynomials are dense in X, then ‖f − fr‖X → 0, r ↑ 1. (†)
The addition of (III) to the definition does not affect any result1 of the book because all the spaces
satisfying (I)&(II) satisfy a condition stronger than (III): sup

w∈D
‖fw‖ ≤ CX‖f‖X .

I think that (†) cannot be deduced from (I)&(II) [without appealing to (III)]. On the other hand,
the implication (I)&(II) =⇒ (III) is not true, which can be seen by considering the space of sequences
of bounded p-variation (p < 1).

2. Proof of Theorem 1.25

The phrase “by the subharmonicity of f ” should, of course, be replaced with “. . . of log |f |”. The
last four lines [on pp. 26, 27] are superfluous. The following two inequalities (stated on p. 26) are
sufficient:

log |f(ρeiθ)| ≤ 1

p
sup

0<r<1
|f(reiθ)|p, (‡) log |f(0)| ≤ −

∫
T

log |f(reiθ)| dθ.

By the complex maximal theorem, we have that (a) the integral
∫
T log |f∗(eiθ)| dθ exists (as finite or

−∞), and (b) the family log |fρ| (0 < ρ < 1) has an integrable majorant. Because of (b) we can apply
the “limsup” variant of Fatou’s lemma along with (‡) to obtain

∞ < log |f(0)| ≤ lim sup
r↑1

−
∫
T

log |f(reiθ)| dθ

1Lines 11 and 12 on page 13 are to be deleted.
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≤ −
∫
T

lim sup
r↑1

log |f(reiθ)| dθ = −
∫
T

log |f∗(eiθ)| dθ.

This and (a) imply that log |f∗| is in L1(T), if |f(0)| = 0. If |f(0)| = 0 and f 6≡ 0, then choose
an 6= 0 such that f(z) =

∑
k=n akz

k, and apply the preceding reasoning to the function f(z)/zn. In

the general case, we consider the functions f ◦ σa, where σa =
a− z
1− āz

. This should be all. �

Remark. In fact, in proving (‡) we need not to use the subharmonicity of log |f | because the function
fr (0 < r < 1) has a finite number of zeroes in D so we have

log |fr(z)| = log |A(z)|+ log |g(z)|, where A(z) =

m∏
k=1

σak(z), ak ∈ D,

and g is zero-free in D and hence log |g| ∈ h(D). Although g can have zeroes on T (the case which can
also be avoided) we still have −

∫
T log |g(eiθ)| dθ = log |g(0)|, which leads to (†) immediately.

3. Proof of Theorem 1.22

The proof should begin with: “When p > 1, we may appeal to Theorem 1.10. Let f ∈ Hp and
1/2 < p ≤ 1. Observe first that (1.32) is implied by (1.33). By the H–L decomposition lemma, we
may assume that f is zero-free. Then f = g2 for some g ∈ H2p, and hence ‖f − fr‖p ≤ . . .”

4. What is misprinted, omitted, or superfluous

• p. 24, line −1: Section 1.2, p. 13, line 1

• p. 25, Proof of Lemma 1.3: Replace ϕ with σz

• p. 34, line −6: Remove “there exists u ∈ hpP such that”

• p. 50, line −2: Replace “If S is inner” with “If S is singular and nonconstant”

• p. 55, Theorem 2.14: Replace “Let µ = µ2 be the Riesz measure of log u2” with “Let µ1,
µ = µ2 be the Riesz measure of (log u1)/2π, (log u2)/2π, respectively”

• p. 62, Exercise 2.10: “from Exercise 2.5”

• p. 68: The first sentence and the last two sentences in the proof of Theorem 2.31 are super-
fluous.

• p. 78: Replace
∫
T with −

∫
T where necessary.

• p. 87, line 3: In the definition of Eε(a), replace (1− |z|) with (1− |a|)
• pp. 88–89, Proof of Prop. 3.3: Replace Dε with Eε

• pp. 92–94, Proof of Prop. 3.4: Replace Q ≤ C S with S ≤ C Q, and conversely. The last two
sentence of the proof are superfluous (p. 94).

• p. 100, §4.9: Delete “is called the Hardy class and”

• p. 104, line 6: Replace φ with ϕ

• p. 108, line -5: Delete “small”

• p. 119, Lemma 4.1: such that f = g + h,

• p. 120, line 10: C
∣∣∣1−A+ iH(A)

A+ iH(A)

∣∣∣2/p|f∗|
• p. 132, lines 2,3: Replace σn with σk

• p. 132, Remark 4.4: Replace “Theorem 4.13” with “(4.20)” and “α = 1/2” with “α = −1/2”

• p. 133, Proof of Thm. 4.14: Replace θ with t

• p. 138, line -6: Replace J σ with J s

• p. 145, Thm. 5.5: β = α+1/s− 1/p

• p. 157, Lemma 5.11: (Section 5.9, p. 100)

• p. 177, line −1: Section 11.1, p. 319, line −4
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• p. 181, Thm. 6.3(b): Replace f with u

• p. 183, line -7: Replace g with u

• p. 190, line −4: Section 11.1, p. 319, line −4

• p. 194, line 3: (log x)1/2

• p. 200, (6.20) and (6.23): Replace 2 with 2
π ; (6.21): Replace 1

2 with 1
2π , and ∂D with T

• p. 231, line 6 of Remark 7.2: u, not u2; the second line below: Theorem 7.11

• p. 241, lines 4-5: Delete “We write” and line 5

• p. 249, formula (8.9): 2
1−|z| . . .

• p. 258, first line of the proof of Lemma 8.5: Lemma 8.4

• p. 267, line 6: “See Proposition 3.11”

• p. 273, line -2: Replace u with “in”

• p. 299, Thm. 10.10: Holland–Twomey–Spencer

• p. 299, line −1: That is all if d argw > 0. For the general case, see [456].

• p. 306, Kalaj’s theorem (c): ess inf |γ′|
• p. 314, Corollary 10.8: Replace “0 < p < �” with “0 < p < 2”

• p. 319, line −6: (Section 1.1, p. 12, line −9) . . . (Section 1.2, p. 13, line 1)

• p. 313, line 7: Replace “Using the fact that the zero of f isolated” with “Using the quasicon-
formality of f”

• p. 313, first line below (10.35): Replace “quasiconformality” with “injectivity”

• p. 313, (10.35): “g′h′” should be replaced with “h′g′”

• p. 325, line −9:
(
x− 1

2

)
log x

• p. 355, line -2: γ = max{1/p− 1, 1/q − 1, 1}


